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&, where a2 + b2 will be equal to the sum of the surfaces swept out by c, which is obviously c2. Taking an oblique-angled triangle, the same procedure just as easily and obviously gives the more general proposition, c2 = a2 + b2 — 2afrcosy.
The dependence of the third side of the triangle on the two other sides is accordingly determined by the area of the enclosed triangle; or,, in our conception, by a condition involving volume. It will also be directly seen that the equations in question express relations of area. It is true that the angle included between two of the sides may also be regarded as determinative of the third side, in which case the equations will aparently assume an entirely different form.
Let us look a little more closely at these different measures. If the extremities of two straight lines of lengths a and b meet in a point, the length of the line c joining their free extremities will be included between definite limits. We shall have c < a + b, and c "> a — b. Visualization alone cannot inform us of this fact; we can learn it only from experimenting in thought,—a procedure which both reposes on physical experience and reproduces it. This will be seen by holding a fast, for example, and turning b, first, until it forms the prolongation of a, and, secondly, until it coincides with a. A straight line is primarily a unique concrete image characterized by physiological properties,—an image which we have obtained from a physical body of a definite